Corollary. There exist A * 1 and A * 2 , two projective line arrangements in CP 2 such that M (A * 1 ) and M (A * 2 ) have the same homotopy type and isomorphic cohomological algebra, but not the same topological type.
Because of the main theorem, it makes the first question raised above more interesting. In fact, we believe that the following conjecture is true. Each pair of lines of A * intersects at most one point. Let U ( A * ) be a regular neighborhood of A * and K( A * ) = ∂U ( A * ). Thus K( A * ) is a plumbed 3-manifold which is homeomorphic to K(A * ), the boundary of a regular neighborhood of A * in CP 2 . A class of 3-manifolds was classified by Waldhausen [12] in terms of graphs and reduced graph structures of 3-manifolds. We call these 3-manifolds classified in [12] as Waldhausen graph manifolds.
Conjecture. For any projective line arrangement
We define a graph G( A * ) of A * as follows. Let each vertex correspond to a line in A * with the weight of the self-intersection number of this line. Let each edge correspond to the intersection point of two lines in A * .
We state some definitions and results derived from [12, 13] . Let M and N be compact orientable 3-manifolds. An isomorphism ψ of π 1 (N ) onto π 1 (M ) is said to respect the peripheral structure if for each boundary surface F in N there is a boundary surface G of M such that ψ(i * (π 1 (F ))) ⊂ R and R is conjugate in π 1 (M ) to i * (π 1 (G)) where i * denotes inclusion homomorphism.
Theorem 3 (cf. [13, (6.5)]. If M and N are two Waldhausen graph manifolds and ψ is an isomorphism from π 1 (N ) onto π 1 (M ) which respect the peripheral structure and H 1 (M ) is infinite, then there exists a homeomorphism from N to M which induces ψ. 
where H 0 (respectively G 0 ) intersects with H 1 , . . . , H p (respectively G 1 , . . . , G s ) at one point and interacts with H p+1 , . . . , H p+q (respectively, G s+1 , . . . , G s+t ) at another point. If M (A * 1 ) is homeomorphic to M (A * 2 ), then the Orlik-Solomon algebras associated to A 1 and A 2 are isomorphic. It follows that p + q = s + t and
Finally, we assume that A * 1 is exceptional, but A * 2 is not. We need to show that M (A * By using Neumann's calculus of plumbing [7] , one can show that K(A * 1 ), the boundary of a regular neighborhood of A * 1 , is a reduced graph manifold with reduced graph structure equal to empty set. It follows from Lemma 1 and Theorems 3 and 4 that M (A * Here the numbers in the parenthesis are the self-intersection numbers. We blow down H 0 to a point and get the following pictures (see Figures 4 and 5) . 
